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BOI DUG'NG NANG LU’C TOAN 9
LUYEN TAP PHEP KHAI PHUONG
Gido vién: Tran Ngoc Ha
Tai liéu 16p hoc tryec ti€p - 18h - 21h - T4i thir 6 - 23 /26 Nguyén Hong
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4. Dang 4: Chirng minh BDT

Cau 10. a) Cho a > 0, chung minh 9\/;+% >6.
a

b) Tim GTNN cua 4a +L4, voi a >4

Cau 11. a) Tim GTNN cua +/x—1 +L, voi x>1.
x—1+1

b) Tim GTNN cﬁa2xlx+l+;2, voi x>3.

Vx+1-

Cau 12. a) Cho a,b >0, ching minh WZ \/EJH/Z‘

2

b) Cho a,b>0. Chitng minh Ja +~+/b <—+

b

%\@

Luyén tap:

Cau 13. Rut gon

0 B=\TE 1B b 20 o p=(fe IO TS

Cau 14. Ching minh [

14 \/§+\/%
N \/5+\/§] 5-21 =4.

Cau 15. Cho a,b,c 1a cac s hitu ti thoa man ab+bc+ca=1. Chiing minh

\/(a2 +1)(5* +1)(¢* +1) 13 mot s6 hitu ti.
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CAu 16. Cho a,b,c 1a cac sb hitu ti khac 0; a=b+c.CM: ‘/Lz+b%+iz 1a 6 hitu ti.
a c

Cau 17. Cho a,b,c 1a cac sd hitu ti khac nhau d6i mot. CM:

A:\/( lb)2+(b1 )2+( : ? 1a mot s6 hiru ti.
a— —-C c—a

Cau 18. Giai phuong trinh

a) Vxl +2x+1=/5-x
b) Vx’—4-x*+4=0.

Cau 19. Giai phuong trinh

a) Vx’ —4x+5+x> —dx+8 +/x* —4x+9 =3++/5

b) V2—x? +2x +4/—x2 —6x -8 +/x2 —4x+9=1++/3

€) V9x> —6x+2 +/45x> —30x +9 =~+/=9x> +6x +8

Cau 20. Giai phuong trinh

a) x+3—dx—1 +x+8+6vx—1=5
b) V¥t =5x+6+Vx+1=+x=2+x*-2x-3.

Cau 21. Chirng minh Z(Jm—\/;)<%<2(\/_—m>; VneN'.
n

Ap dung:

1 1 1
—+—=+..+—.CM: 18< 5 <19.
V23

V100

a) Cho A=1+

1 1 1
—t+—+..+—=<100.
NN

72500

b) CM: 1+
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BOI DUG'NG NANG LU'C TOAN 9
Ti SO LUONG GIAC CUA GOC NHON TRONG TAM GIAC VUONG
Giao vién: Nguyén Thanh Long
Tai liéu 16p hoc tryc tiép - 18h - 21h - T&i thir 6 - 23 /26 Nguyén Hong
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1/ Ti s6 lrgng gidc ciia goc nhon trong tam giac vudng.

C6 bbdn ti s lugng giac ciia goc nhon trong tam gidc vudng:
Canh ké Canh dai

: doi ke
sino, = cosa =
huyen huyen B C
Canh huyén
tgo = @ cotg = E
ke 57 doi
2/ Hé thirc lién hé giira cac ti s6 lwong giac goc nhon. = R :
GIA TRILG GOC NHON DAC BIET
i 0 =0 0
sin® o+ cos’a =1 tgo = Sma S0 il )
cosal ; 1
e | £ | 2 | B
2 2 2
tga . cotga =1 cotga = C_osa xf?: x.E 1
sino cos e P =
2 2 2
tana é 1
—=1+tg’a —— =1+cotg’a 3 B
cos o sin"o
£ . . cota 1_4'5 1 ﬁ
3/ Ti so luwgng giac caa hai géc phu nhau. 3

Goi a va f 1a hai géc phu nhau trong tam giac vuong.

Taco: a+p=90°

sina = cosp cosa = sinf3
tga = cotgf cotga = tgf
1°=60’ 90° = 89°60°.

Bai tap van dung:
Céu 1. Cho tam gidc ABC vudng tai A, duong phan giac AD. Ching minh rang:

1 1 2 1 1 1
a) —+—— b + < .
) ) AB*  AC* AD?

AB  AC AD
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Céau 2. Cho hinh thang ABCD c¢6 hai canh bén 1a AD va BC bang nhau, dudng chéo AC vudng goc véi
canh bén BC. Biét AD = 5a, AC = 12a.

a) Tinh s%nB+cosB
sin B —cos B

b) Tinh chiéu cao cua hinh thang ABCD.

Cau 3. Chimg minh céc dang thic sau:

2
1+sin” o
2

- =1+2tg’a
l1-sin” o

1 1
l1+tg’a 1+tg’p

b) Cho o, B 1a hai goc nhon. Chirng minh rang: cos’a — cos*p = sin®p - sina =

Cau 4. Cho tam giac nhon ABC, hai dudng cao AD va BE cét nhau tai H. Biét HD : HA =1:2, chimg

minh rang tan B.tan C = 3.

Cau 5. Cho goc xOy c6 s6 do bang a(a < 90°). Trén tia phan gidc cia goc nay lay diém A ¢ dinh. Qua
A v& mot dudng thing thay doi cit Ox, Oy lan lugt tai M va N. Ching minh ring tong OLM +§ co
gi4 tri khong doi.

Cau 6. Cho tam giac ABC, hai duong trung tuyén BE, CF vudng goc v6i nhau. Ching minh rang:

cotB+cotC2§.

Cau 7. Cho tam giac ABC vuong 6 A, AH1 BC, HEL AB, HF 1L AC (He BC, Ec AB, Fe AC).

a. Chimg minh rang A4E.AB = AF.AC; BH = BC.cos’B.

AB>  BE

b. Chirng minh ran =N
g g 3 CF

c. Chirng minh ring %/BC2 =%/CF2 +%/BE2 .

d. Cho BC = 2a.Diém A thay ddi sao cho gia thiét van diing. Tim gia tri I6n nhat cta dién tich ti giac
AEHF.

Cau 8. Tam gidc ABC c6 cac goc A, goc B déu nhon. Cac dudng phan gidc AD, dudng trung tuyén BM
va duong cao CH cét nhau tai diém O. Chtng minh ring AB.cos A = BC.cosB.

Ciau 9. Cho tam giac ABC can tai A c6 A=20°;AB=AC=b; BC=a. Chimg minh rang
a’+ b’ = 3ab’

Cau 10. Cho tam giac ABC vudng tai A trung tuyén AM, c6 ABC=15°. Chtng minh rang:
BC*=44B.AC
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Cau 11. Cho tam giac ABC c6 3 goc nhon va c6 4o dai lan lugt 1a a, b ,c. CMR:

Ja.sin A ++/b.sin B ++/c.sinC = \/(a+b+c).(sinA+sinB+sinC)
Ciu 12. Cho tam giac ABC vudng tai A c6 AB<AC va trung tuyén AM. C6 ACB = o vi AMB =P

CMR: (sinOLJrcosB)2 =1+sinp

Cau 13. Léy diém O bat ky trong tam giac, cac tia AO, BO, CO cit cac canh BC, CA, AB theo thu tyu
tai D, E, F. Ching minh réng:

oD OE OF
a)AD BE CF

b)(l+£)-(l+£j-(l+gj264.
OD OF OF

Cau 14. Cho tam giac ABC, néu BAC =75 , duong cao CH thoéa man: CH = %AB. Chirng minh tam

giac ABC can.

Cau 15. Cho tam giac ABC, ¢6 cac goc B va C déu nhon. Cac dudng cao AD va BE cit nhau tai H. Goi
G 1a trong tAm cua tam gidc ABC. Cho biét tan B.tan C =3, chting minh rang HG // BC.

Cau 16. Néu tam giac ABC vudng tai A ¢6 trung tuyén AM, ABM =15° va S, =16. Tinh d¢ dai
BM.

Cau 17. Cho tam giac ABC c6 goc B = 60°. CMR: AC* = AB* + BC* — AB.BC..

www.vinastudy.vn - Pam mé dé thanh cong - Dc: 23/26 Nguyén Hong - Déng Pa - Ha Noi
bang ki hoc Online - Zoom/ Offline trén website Vinastudy.vn - 0832.64.64.64
-Trang5



