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PAI SO

Ciu 18. Cho biéu thirc S = (2—\/§)n +(2+\/§)n (voi n nguyén duong)

a) Ching minh rang S, +3S, =S’
b) Tinh S;, S,
Huéng dén gidi

D) S, = (V3 +2) +(V3 -2
z[(mﬁ)f+2.(ﬁ+ﬁ)".(@-ﬁ)" +[(ﬁ-ﬁ)f-2

- (\E+\/§)"+(\E—JE)”T-2

b) S, :(2—\/5)3 +(2+J§)3 =8—1243 +18-9y/3+8+12/3+18+93 =52
S, =(2—\/§)9 +(2+J§)9 =[(2—\/§)3T +[(2+\/§)3T
S, =[(2—x/§)3+(2+x/§)3}[(2—\/§)6—(2—\/5)3(2+\/§)3 +(2+\/§)6}

Sy =52(8,, —1)=52(S; =3) =52(52" —3) =140452

Cau 19. Chirng minh dang thirc

2) \/5;/531\/551\/5@4:\/5_1 b) V21-63/6 +4/9+ 218 —24/6+343 =0

©) \/6+2\/5—\/13+\/@ =1+43 d) \/4+\/5\/§+5\/48—10\/7+4\/§ =3
Hudng din gidi:
Afiedd J3\Eea
\/§+\/§+\/€+\/§+4_(\/§+\/§+2)+(\/E+\/§+2)

a) VT =
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V2+\3+44 V2+V3+4 1

- = - =2-1=vP

(\/5+\/§+\/Z)+\/5(\/§+\/§+\/Z) (\/5+\/§+\/Z)(\/5+1) V2 +1

b) VT =21- 636 ++/9+ 2418 =246+ 343
= V182323 +3 416+ 2346 +3-v2A12 4643

:\/(3J§—J§)2 +\/(\/€+\/§)2 —2AJ91233+3

=3\/5—\/§+\/5+\/§—\/§. (3+\/§)2
=32 V341643 -V2(3+3) =3V2 V3 46 +43-3V2 -6 =0=1P

&) VT =6+ 245134 8 =6+ 2y/5-13+ 43 :\/6+2,/5— (23 +1)
Vs 2da2v5 = s 2, [(V3-1) =\ar 2B =[5 1) =B 1=rp
d)VT:\/4+\/5\/§+5\/48—10\/7+4\/_ =\/4+\/5\/§+5\/48—10,/(2+\/§)2

=\/4+\/5\/§+5\/28—10\/_ =\/4+\/5\/§+5 (5—\/5)2
—\4+25 =9 =3 =P

Cau 20. Rut gon cac BT sau

a)A_zJE—zJE+J€—3 b)B_\/E+\/§+\/g+\/§+\/E
2521103 ++/6 2+ 34

2 3 \/5+\/§ \/5
C)C:(\EJ“\g”J[ 0 +ﬁ+ﬁj(24+8\/€)

Huéng dén gidi:
_215-210+46-3 _ V3(295-43)+2(245-43)
C2J5-2410-3+/6 (245 -43)-v2(25-3)

eEB)B) BoE
(25 B)(1-2) V2

a) A

(vV2-+3)(v2+1)

2 +3+ 6+\/§+\/ﬁ_(\/§+\@+2)+(\/€+\/§+2)
N N 7N SN - BN

b) B=
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(x/_+\/§+\/_)+\/_(\/_+x/§+\/2)_(x/f+x/§+\/1)(\/§+l)
V24344 N FN RN

¢) C= [\f \f j( V2443 ﬁ{\/_J(zusx/E)

:(i+2] (V2++3) +4V6
J6 4\/5(x/§+x/_)

=\2+1

\F4I(I f) (5+2\/6)(5+6\£)=97+40\%

Cau 21. So sanh cac so sau

a) N21++2 va V14 +3 b) V17 +/6 va 2142
Huwéng din gidi:
a) Tacd: (V21442 =23+2V42
(\/ﬁ+\/§)2=17+2\/ﬁ

Vi 23+2\/E>17+2\/E:(\/ﬁ+\/§)2 >(Jﬁ+ﬁ)2
o21+2>14+43
b) Ta cb: (\/ﬁ+\%)2 ~ 234217406

(V21 -+2) =23-2.42142

Vi 23+2\/ﬁ.\/€>23—2.\/ﬁ\/§:>(\/ﬁ+\/€)2 >(\/ﬁ—\/5)2

= 17 +46 >21 -2
CAu 22. So sanh hai sé sau @—\/ﬁ va m—\/ﬁ

Huéng dén gidi:
1 < 1
V29 +428 V284427
/BB VB -7

7 (V29 28) (V29 +28) (V28 —27) (V25 + 427 )
25 28 < VB 7T
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Cau 7. Chirng minh cac dang thic trong tam giac:

2bc cosé
51, = 2

a

b+c

[6] 3(04° + OB” +0C*)=90G* +a’* +b” +¢’

Huéng dén gidi:

= lbcsinA = llucsin£+llabsin£
2 2 2 2 2

[5] Ta co: S.asc = S0 TS, anc

< besind=1c sin£+ Lb siné < 2bc sinécosé =lc sin£+ Lb sinﬁ
2 2 22 2 2

A
y 2bc cos By
& 2bccos—=1 (c+b)=] =—=(dpcm
2 1 )=l b+c (dpem)
[6] Pinh 1y Stewart: “Néu L 1a diém nam trén canh BC A

ctia aABC vanéu AL=1;BL=m;LC =n thi a(12 +mn) =b’m+c’n”

Ching minh: Goi « 1a goc gitra CL va AL ;

a'lagoécbucua a va cosa =—cosa' B

Xét aALC c6: b* =1 +n* —2l.n.cosa

Xét aABL c6: ¢’ =1 +m’ —2lm.cosa'=1" +m” +2l.m.cosa

:>b2m+c2n=12m+mn2+12n+m2n=lz(m+n)+mn(m+n)
=(m+n)(l2 +mn)=a(l2 +mn)

Goi E 1a trung diém cua BC.

Ap dung dinh 1y Stewart cho aOAE co:

AE(0OG® + AGGE )= EO*. AG + A0’ GE

Mit khac AO:R;AG:%AE;GE:%AE nén 0G2+§AE2 =§E02+§R2
, 2(b2+c2)—a2 ‘ . , o, &
Vi EA” = ———— (cdng thuc tinh d¢ dai duong trung tuyén) va FO” =R 7 nén:
2 2(b* +c*)-a’
0G>=| R+ %Jrl Z_E.Q
4)3 3 9 4
2 2 2
_R2_£_2(b +c )—a _Rz_a2+b2+cz
6 18 9
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©3(04’ +OB* +0C* ) =90G” +a’ +b” + ¢’ (dpcm)

Cau 8. Chung minh cac BDT trong tam giéc:
[3] ab(a+b)+bc(b+c)+ca(c+a) > 3abc

2 2 2
a b c

[5] + + >2(a+b+c)
p-a p-b p-c

64+ 4 ¢ 53
p—a p-b p-c 2
a b c 3abc

<2

[9]

b+c+c+a+b+a+(a+b)(b+c)(c+a)
Huéng dén gidi:

[3] ab(a+b)+bc(b+c)+ca(c+a)>3abc

< ab(a+b)—abc+bc(b+c)—abe+ca(c+a)—abe>0

& ab(a+b—c)+be(b+c—a)+ca(c+a—b)>0 (1)

Vi a,b,c 1a d6 dai ba canh cta tam giac nén

atb—c>0
b+c—a>0 (1)1 o di y
= uén dung = dpcm
cta-b>0 8 R
a,b,c>0
2 2 2
[5] A b T >2(a+b+c)

p-a p-b p-c
Ap dung bét dang thirc Cauchy — Schwarz dang Engel ta co:
2 2 2 +b+c)
4 4 b =< > (a c) =2(a+b+c)(dpcm)2
p-a p-b p-c p-a+p-b+p-c

[6]a+b+02%

p—a p-b p-c

-2 41+ b T +1—32z
p—a p->b p-c 2
e P . P P _32§C3a+b+c+a+b+c+a+b+c_32§
p—-a p-b p-c 2 b+c c+a a+b 2
< (a+b+c) SRRNL I P4 (2)
a+b b+c c+a) 2

Ap dung bét dang thirc Cauchy cho ba s6 duong a +b;b+c;c+a ta co:
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[(a+b)+(b+c)+(c+a)]( S j23{/(a+b)(b+c)(c+a).3i/( ! =9

a+b b+c c+a a+b)(b+c)(c+a)
(Ddu "="xayra < a=b=c)
<:>(a+b)+(b+c)+(c+a)2 3
3 1 1 1

- +
a+b b+c c+a

<:>2(a+b+c)( 1b+bl + ! )29
a—+ +cC c+a

Suy ra (2) luén dung = dpem

a b c 3abc

[9]b+c+c+a+b+a+(a+b)(b+c)(c+a)

<2

<::>a(c+a)(b+a)+b(b+c)(b+a)+c(b+c)(c+a)+3abc<2(a+b)(b+c)(c+a)

S a+atb+2abe+a’c+b’ +ab® +bic+abc+bc’ +abe+c +ac’ <

< 2(abc+ a’b+ac’ +a*c+b*c+ab* +bc? +abc)

<:>(a+b—c)(b+c—a)(c+a—b)>0 (ludén d4ng) = dpcm
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