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BOI DUONG NANG LUC TOAN 11
VECTO TRONG KHONG GIAN
HAI PUONG THANG VUONG GOC
Tai liéu 16p hoc 11A1 - 18h - 21h15 - T6i thé ndm - 23/26 Nguyén Hong

Ho va tén............ Ngay hoc:
VECTO TRONG KHONG GIAN

1. Vecto trong khong gian

a. Phép cong, trir vecto

+) Quy téc ba diém: 4B+ BC = ZE‘, VA4, B, C.

+) Quy téc hinh binh hanh: Néu tir gidc ABCD 1a hinh binh hanh thi AB+ AD = AC .
+) Qui tic hinh hop: Néu ABCD.A'B'C'D' 1a hinh hop thi AC'= AB+AD+ AA' .

+) Qui tic tri: AC— AB=BC, VA4, B, C.

b. Phép nhan vecto véi mot so

Tich cua sb thuc & va vecto ala mot vecto, ki hiéu ka , duoc xac dinh nhu sau:

+) cung hudng véi anéuk=0.

+) ngugc hudng voi a néu k<0.

+) 06 do dai [ka| =[k|a|.

c. Tinh chat

+) I la trung diém clia 4B < IA+IB=0 < MA+MB=2MI (M 1a mot diém bét ki trong khong
gian).

+) Néu 7 1a trung diém cia 4B, J la trung diém cua CD thita c6 ﬁZ%(ZB-F?é) =%(ZE+§Z§)

+) G la trong tam cia tam gidc ABC < GA+GB+GC =0 < MA+MB+MC =3MG (M 12 mdt
diém bat ki trong khong gian).

+) G 1a trong tAm cua tt dién ABCD < GA+GB+GC+GD =0 <> MA+MB+MC +MD =4MG (
M 1a mot diém bét ki trong khong gian).

d. Hai vecto cung phwong

+) a cung phuong véi E(l;;t()) oJkeR:a=kb.

+) 4,B,C thang hang o JkeR:AB=k.AC.
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e. Tich vo hwéng ciaa hai vecto
Dinh nghia: ab = ‘ZlHB‘.COS(ZZ,B).
Tinh chit:
+) ‘Zz.l;‘ < ‘5‘.‘13‘. Ping thirc xdy ra khi va chi khi a va b cung phuong.
-2 —\2 - - - = - = - -
+) ‘a‘ =(a) . t)albeab=0. +) a(btc)=abtac.
- =\ /= - - - - =\2 - - =
+) (a+b)(a-b)=da -b". +) (axb) —d +2ab+b .
2. Vecto dong phing
a. Pinh nghia
+) Ba vecto duoc goi 1a dong phang néu gia cua ching cting song song véi mot mit phing.
b. Piéu ki¢n dé ba vecto dong phang
+) Cho ba vecto a,b,c trong do a,b 13 hai vecto khong cung phuong. Khi do:
Diéu kién can va du dé ba vecto a,b,c ddng phang 1a ¢6 cac s thuc m,n sao cho ¢=ma+nb.Hon
nita cac s6 m,n 1a duy nhat.
c. Phan tich mdt vecto theo ba vecto' khong dong phing

+) Néu a,b,c 1a ba vecto khong dong phing thi véi vecto v bat ki, ta ddu tim dugc cac sb m, n, p sao

cho v =ma+nb+ pc. Honnita cac s6 m,n, p 1a duy nhat.

DANG 1. CHUNG MINH PANG THUC VECTO
Cau 1: Cho hinh lang try ABC.4'B'C", M la trung diém ciia BB'. Chimg minh CB +%TA' —CA=AM
Cau 2: Cho tr dién ABCD. Goi M ,N lan luot 1a trung diém cua 4B va CD. Trén cac canh AD va

BC lan luot lay cac diém P,Q sao cho 34P=24D, 3TQ =2BC . Chirng minh MN = %W+%]\TQ .

DANG 2. BIEU DIEN 1 VECTO QUA 3 VECTO KHONG PONG PHANG
CAu 3: Cho tir dién déu ABCD, canh a. Piém M thudc canh AD, diém N thudc canh BC sao cho

AM =CN =k (O<k<a).H5ybiéudiénvector MN theo bavecto x=AB, y=AC, z=AD.

Cau 4: Cho hinh hop ABCD.A'B'C'D"'. Goi M, N lan luot 1a cac diém trén doan ACva DC' sao cho

MN//BD'. Chimg minh MN = %(BA +BC+BB ) .
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DANG 3. TINH GOC GIUA 2 VECTO, TiNH PQ DAI POAN THANG
Cau 5: Cho hinh 1ap phuong ABCD.EFGH canh a. Goi M ,N lan luot 1a trung diém ciia AE va BC

a. Tinh d¢ dai doan th:fmg MN .

b. Tinh goc gilra MN va HC .

Cau 6: Cho hinh 1ap phuong ABCD.A'B'C'D’. G la trong tim tam gisc B'C'D’ va I 1a trung diém ciia
AB'.

a. Tinh d0 dai doan théng 1G.

b. Hay xéc dinh goc giira cp vecto 4'D va IG.

DANG 4. CHUNG MINH 3 PIEM THANG HANG

Cau 7: Cho hinh hop ABCD.A'B'C'D'. Goi P, Q la cac diém xac dinh boi: AP=-AD', C'O0=-C'D',
M 1a trung diém cia BB'. Chimg minh ba diém P, O, M thang hang.

DANG 5. CHUNG MINH 3 VECTO PONG PHANG

CAu 8: Cho tr dién ABCD, I va J lan luot la trung diém cac canh 4B va CD. Cac diém M va N lan
luot thude cac canh BC va 4D, sao cho BM =2MC, AN =2ND .Chiing minh ba vecto M , 7]\7, IJ
dong phang.

Cau 9: Cho hinh lang tru tam gidc ABC.A'B'C’. Goi I,K lan luot 1a trung diém cta cic canh BB’ va

A'C',M 1a diém chia doan B'C’ theo ti 56—%. Chimg minh 3 vecto AK, AI, AM ddng phing.
DANG 6. CHUNG MINH PUONG THANG SONG SONG VOI MAT PHANG

Cau 10: Cho hinh hop ABCD.A'B'C'D', M 1a diém trén canh AD sao cho AM = %E , N ladiém

trén canh A'C sao cho A'N = %E Chung minh duong thing MN song song véi (BC'D).

DANG 7. BAI TAP TONG HQP

Cau 11: Cho ta dién ABCD c6 K la trung diém cua AB. Léy I, J lan luot thuéc AC, BD sao cho
IA=2IC,JB =3JD.Goi E la giao diém ciia 4D véi mp(IJK ) , O 1a giao diém ctua CD véi (IJK).
Tinh cac ti sb %,%

Ciu 12: Cho hinh chép S.ABCD c6 day ABCD la hinh thang, AD la day 1é6n va AD =2BC . Goi

M, N lan luot 13 trung diém ctia SB, SC, O la giao diém cia AC va BD, K la giao diém clia AN va

DM . Chimng minh S, K, O thang hang va tinh ti s Ili_g
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HAI PUONG THANG VUONG GOC

1. Vecto chi phwong ciia dwong thiang

d #0 la vecto chi phuong cua dudng thing d néu gia cua d@ song song hodc trang véi d .

2. Géc giira hai dwong thang

Cich 1: Dé xac dinh goc giira hai dudng thing a va b ta lay diém O béat ki, qua O dung a'//a, b'//b

= (a,b) =(a',b')
a
b
o
(0 b

Cach 2: Tim hai vecto chi phuong MT,LT2 lan lugt cta hai duong thang a,b . Khi d6 goc giita hai duong

Ui,

thang xac dinh boi cos(a,b)= ‘—4 —.
ul

U,

Chu y:
+) Gia sir u la vecto chi phuong cia a, v 1a vecto chi phuong cia b, (ii,v) = a . Khi do:
a khi 0°<a<90°
(a.b)= . :
180°—a  khi 90° < <180°
+)Néu B hoic a=b thi (a,b)=0° +) 0°<(a,b)<90°.
3. Hai dwong thing vudng goc
Pinh nghia ¢ | b & (a,b) =90°
Chu y:
+) u la vecto chi phuong cta a, v 1a vecto chi phuong ctia b. Khid6é a L b <= uv =0.
+) Hai dudng thang vudng goc v6i nhau ¢ thé cit nhau hodc chéo nhau.
DANG 1. TICH VO HUONG CUA HAI VECTO
Cau 1: Cho hinh 1ap phuong ABCD.A4,B,C,D, c6 canh a. Goi M la trung diém AD . Tinh gi trj tich
vo huéng B.M B—Dl .
Cau 2: Cho hinh chép S.4BC, c¢6 SA=SB va CA=CB. Chimg minh ring SC L AB.
Cau 3: Cho t&r dién déu ABCD canh bﬁng 2a.Goi H latrong tam tam giac BCD.
a. Xac dinh goc giita hai vecto AB va CD.

b. Tinh AD.BH .

www.vinastudy.vn - Pam mé dé thanh cong - 0832.64.64.64
-Trang4



Vinastudy - Trwdng hoc Todn truc tuyén lién cidp danh cho hoc sinh trén toan qudc
Chuyén boi dudng Toan tir 16p 4 dén 16p 12
DANG 2. TINH GOC GIUA HAI PUONG THANG BANG PINH NGHIA

Cau 4: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi canh a, S4 = a3, S4 vuong goc BC.
Goi 1,J lan lugt 14 trung diém cta S4,SC . Tinh goc clia cac dudng thang:

a. SD, BC.

b. JI, BD.

Céau 5: Cho hinh 1ap phuong ABCD.A'B'C'D' canh a.Goi M,N,P lan lugt 1a trung diém cta
AB,BC,C'D' . Tinh goc giita cac cip duong thing:

a. MN va C'D'".

b. BD va AD'.

DANG 3. CHUNG MINH HAI PUONG THANG VUONG GOC

Céu 6: Cho tir dién ABCD ¢6 AB=CD=a, AC=BD=b, AD= BC = c . Chiing minh doan ndi trung
diém cac cip canh ddi thi vudng goc voi hai canh do.

Cau 7: Cho hinh chép S.ABCD c6 ddy ABCD la hinh vuéng va S4B, SAD la cac tam giac vudng tai
A.Goi AE, AF lan luot 1a cac duong cao cia tam gidc SAB va SAD . Chimg minh EF vudng goc
véi SC.

Gido vién: Tran Lé Cwong
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BOI DUONG NANG LUC TOAN 11
GIOT HAN DAY SO
Tai liéu 16p hoc 11A1 - 18h - 21h15 - T6i thi ndm - 23/26 Nguyén Hong

Ho va tén............ Ngay hoc:
I. Pinh nghia

1. Pinh nghia gidi han hitu han ciia diy sé
- Dinh nghia 1: Ta n6i ddy sb (u,) c6 giéi han1a 0 khi n dan t6i duong v6 cuc, néu |u,| c6 thé nhé
hon mot s6 duong bé tuy ¥, ké tir mot s6 hang nao do6 tré di.

Kihiéu: lim u, =0 hay u, — 0 khi n — +o0.

n—+0

- Pinh nghia 2: Ta néi day s6 (vn) ¢6 giéi han 1a g khi n — 400, néu lim (vn —a) =0.

n—>+c0
Ki hiéu: nlir&vn =a hay v, - a khi n - 4.

2. Dinh nghia giéi han vé cwe ciia diy sé

- Ta no6i day sd (un) ¢6 gi6i han 12 +oo khi n — +o0, néu u, co thé 16n hon mét sé duong bat ki, ké tir
mot s6 hang nao do6 tro di.

Ki hi¢u: limu, =+oo0 hay u, — +o0 khi n — +00.

- Day s6 (u,) €6 giéi han1a —o khi 1 —> +o0, néu lim(—u, ) =+o.

Ki hiéu: limu, = -0 hay u, — —oo khi n — +c0.

I1. Mot s6 giéi han dic biét va dinh li vé giéi han day so.

Giéi han hiru han Gidi han vé cuc
1. Giéi han dac biét: 1. Giéi han dac biét:
: : k +
lim L =0; lim - =0(k € Z") lim =0 lim n* =-+oo(k € Z)
n—>+to p n—+0 p

lim ¢" =+o0o(g >1)

n—+o0

lim¢" =0 (|q| <1)
A 2. Dinh li:

limC=C

a) Néu lim|u,| = +oo thi lim—=0.
2. Dinh li: u,

4 i = i = i Ve . . g u
a) Neu limu, =a; limy, =b thi b) Néu limu, =a; limvy, =*oo thi lim—2=0
v

n

¢)Néu limu, =a #0,limv, =0

{-‘FOO (av,>0)

—0 (av, <0)

. U
thi Iim—2% =
v

n
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e lim(u, +v,)=a+b d) Néu limu, = +o0, limv, =a
e lim(u,—v,)=a-b

L +00 (a>0)
o lim(u,.v,)=ab thi lim(u,.v,) = {

—00 (a<0)
. limu—”:%(b +0)

n

b) Néu u, > 0;Vn va limu, =a thi a>0 va
lim\fu, =~/a
c) Néu |un|£vn;Vn va limv, =0 thi limu, =0

d) Néu limu, = a thi lim

u,|=al

PHAN 1. CAC DANG TOAN THUONG GAP

Dang 1: Diy sb ¢6 gi6i han 0

1. Pinh nghia day so c6 giéi han 0:

Pinh nghia: Ta noi rang ddy s6 (U, ) c6 gi6i han 0 , néu véi moi sé duong nhé bao nhiéu tiy ¥ cho
trude, moi sd hang cua day sb, ké tir s6 hang nao d6 tré di, déu co gia tri tuyét ddi nho hon sé duong do.
Khi d6 ta viét lim(u, ) =0 hay u, — Ohay limu, =0

B?mg cach st dung cac ki hién toan, dinh nghia trén c6 thé viét nhu sau:

limu, =0< (Ve >0,3n,:n>n, =

u,|<e).
Nhén xét:
- Déy s (U, ) ¢6 gi6i han 0 khi va chi khi ddy sb |(U, )| c6 gi6i han 0 .

- Diy s6 khong déi (U, ) , véi U, =0 thi ddy s6 c6 gi6i han 0 .(hay lim0=0)

2. Mot s6 day sb c6 giéi han 0

limlzo limLz:O Zimizo
n n Jn

o1 o1 .

lim— lim—=0 lim—=0
%/; na na

3. Dinh li:

|un| <v,

li =0
lim(v,)=0

Dinh i 1: Cho hai diy sé: u,,v, :{

Dinh 1i 2: Néu |g| <1 limg" =0
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Cau 1. Chimg minh rang diy sb sau c¢6 giéi han 1a 0

au = (—1).::osn b, (-1)"sin*(2n-1) . 1 4 (-1)" sin n+1
n 3 n? n (2n + 3) n
Céu 2. Cho day s6 (u,) v6i u, = 3%
, . 3 U, 2 re .
a. Chiing minh rang: — < 3 vé1i moi n
uﬂ
) ' . 2 n
b. Chirng minh rang: u, < [Ej
c. Ching minh day s6 c6 gidi han 0
Cau 3. Chiing minh rang cac ddy sb (un) sau day co gidi han 0
\/_ n+cos nr
n -1 n b —— .
3" +1 2" 3 nln +In nn +1
n" (n + 2)"

Cau 4. Chimg minh rang day sb sau c6 giéihanla 0: u, = -
(2n + 2)

Cau 5. Chimg minh rang;

alim2(\n*+1-n)=0 b. tim (v +1-+/n)=0
Dang 2. Diy sb c6 giéi han hiru han

I. Pinh nghia:

Ta néi ring day sb (u,) c6 gi6i han 1a sé thue L, néu lim(u, —L)=0.

Ki higu: lim(u, —L)=0 < limu, =L

I1. Pinh ly:

Cho (u,) ma u, =¢,Vn:limu, =c

Pinh ly 1:

lim

u,| =|L|

lim3fu, = /L
Néu u, >0 thi L>0 thi lim\/u, =/limu,

Pinh ly 2:

limu, =L =

Gid sir limu, =L va limv, =M va c la mot hang s6. Khi do:
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lim(u, +v,)=L+M lim(u, —v,)=L-M
lim(u,.v,)=LM limZ—" = ﬁ lim(cau,)=c.L

n

Dang 2.1. Chirng minh ding thirc limu, = 4 bang dinh nghia

Cau 6. Cho diy s6 (vn) VOl v, = %-ﬁ- 2. Bang dinh nghia hay chimg minh rang lim v, =2.
n

Cau 7. Chirng minh rang: lim([éj + SJ =5

Cau 8. Ching minh rang lim ont2 _ 6
n+5
Cau 9. Chiing minh: lim——2" = _3

\n? +1
Dang 2.2. Tim gidi han ciia diy sé c6 gidi han hitu han

Thong thuong ta s€ gdp cac dang toan co ban sau

1) Gap gidi han cua (un ) trong d6 u, 1a mot phan thic hiru ti dang u, = M (trong do P (n), Q(n) la

o(n)
hai da thirc chira ctia »).
Phwong phap:

Chia tir v mdu cho n* véi n* 1a lily thira c6 s6 mil 16n nhét cua P(n) va Q(n) (hogc larat »* lam

nhan tir) sau 6 ap dung céc dinh li vé gi6i han hitu han va limik =0(k>0) dé tinh.
n

2) Gdp gidi han cua day (un) 1a biéu thirc chita n duéi ddu can.

Phwong phap

- Khi (u,) 12 mot phan thic

THI1: Pua n* rangoai ddu cin ( véi k 1a s6 mil cao nhét ctia n trong dau can) va ap dung truc tiép dinh
li vé gi6i han

TH2: Khi dwa n* ra ngoai diu cin ma giéi han van vo dinh (mau tién dén 0) thi ta phai nhan va chia véi
biéu thirc lién hop cua biéu thira chira cin tién vé 0.

- Khi u, khéng 1 phan thirc: u, c6 dang /4 —v/B,\/4 —B,3/4 —3/B.... thi ta nhan va chia vé6i luong
lién hop dua vé dang phan thirc

Chu y:

Ja —~/b luong lienhop 1a ~a ++v/b

www.vinastudy.vn - Dam mé dé€ thanh cong - 0832.64.64.64
-Trang9



Vinastudy - Trwong hoc Toan trwc tuyén lién cip danh cho hoc sinh trén toan qudc
Chuyén boi dwdng Toan tir 16p 4 dén 16p 12

Ja +b luong lién hop 1a Ja-b
Ya =b luong lien hop 13 Va® +Va b +p?
Ja +30b lugng lién hop la i/a_z—i/g.%+3/b_2

3) Gap gi6i han ma u, 1a mot phan thirc ma tir va mau cta né 1a biéu thic céc liiy thira c6 dang

a",b" (neN)..trong d6 cac co s a,b 1a cac hing sb

Phwong phap:

Chia tir v mau cho a" trong d6 a 1a co s6 c6 tri tuyét d6i 16n nhat trong cac iy thira & tir va mau.
Ap dung limg" =0(|g| <1) va cac quy tac dé tinh

4) Giéi han cua diy xac dinh boi mot cong thie truy hdi

Phwong phap

Tim cong thirc tinh u, theo n, tir 46 tim limu, .

Hoic chting minh ddy s6 ¢ gi6i han hitu han (bawfng cach chirmg minh day s ting va bi chan trén
hodc giam va bi chan dudi) sau d6 dua vao h¢ thuc truy hoi dé tim gidi han.

Chu y rang: Néu limu, = a thi limu,,, =limu,,, =a

5) Tong cap s6 nhan 1ui v6 han

Phwong phap

a) DPinh nghia: Cap s6 nhan v6 han (un) c6 cong boi g voi |q| <1 goi 1a mot cap sé nhan Iui vo han.

. , . Al R s A A A ax . u
b) Pinh li: Goi S =u, +u, +...+u, +... ]a mot tong cta cap so6 nhan da cho, taco §=——

l-g

n n
6) Gi6i han cua day so ma u, c6 dang u, =Y a, hay u, = za,
k=1 B

Phwong phap:

Cach 1: Dung sai phan thu gon u,, dua vao do tim limu,
Céch 2: Str dung dinh li kep: Cho ba day s6 (un),(vn),(wn) thbaman v, <u <w,K v6imoi n va
limy, =limw, =L(LeR)=limu, =L

Cau 10. Tim cac gidi han sau:

+1 - 3
a. lim 2L b, tim 1) lim 2 2+ d lim——2"
n° =2 (n+4) 2n° +5n-3 n*+3n° +1
Cau 11. Tim cac gidi han sau:
no__An n n n n+l n+l n+2
a. limo—% > b lim>_ o lim*2 T d limd_0
3" +4"-5" 4+3" 2.5"+7" 5" +8"

www.vinastudy.vn - Dam mé dé€ thanh cong - 0832.64.64.64
-Trang10



Vinastudy - Trwong hoc Toan trwc tuyén lién cip danh cho hoc sinh trén toan qudc
Chuyén boi dwdng Toan tir 16p 4 dén 16p 12

Cau 12. Tim cac gidi han sau:

. l-sinnx . sinlOn+coslOn
a. im—————. b. lim > .

n+l1 n +2n
Cau 13. Tim cac gioi han sau:
nn -1 b limi/n_2+2 . lim\3/n3+3nz+2
n+nn ' n+n ' Jit—dn+5

Cau 14. Tim gidi han:

a) lim(\/4n2 +5n —2n) b) lim(v2n+1-n)
o) lim(3n —Jon? +1) d) 1im(%/n3 —2n - n)

Cau 15. Tim gidi han:

a) lim(n—\/n2+2n—3) b) lim(\/n2+2n—l—n+l)

Cau 16. Tim gidi han

a. lim{l+l+l+L+...+%} b. tim| 1-0,140,17 0,1 +..+(~1)" 0,1
27416 T n

a. lim

Cau 17. Tim gidi han

I 1
dim| —+—+—+... .
B R AT +(2n—1).(2n+1)}

b lim_ ! + ! W !
212 3242V3 T (n )V (n+1) |

. u =-1
Céu 18. Cho ddy s6 (u, ) xac dinh boi: ¢ ' .Tinh lim———~—.
u,,=u,+3,Vne N,nx>1 5n+2020
u, =1

Céu 19. Cho ddy s6 (u,) dugc x4c dinh béi: .. Tinh lim(u, -2)

1
u,,=u, +2—‘VneN

n’

u, =2019
Céu 20. Cho ddy s ic dinh boi: . Tinh gi6i han ctia da :
au o ddy s6 (u, ) xac dinh boi 0 = 3 vme N inh gidi han cta day (u,)
L +2
1
, h=y
Cau 21. Cho day s0 (u, ) xac dinh bai: {
un+1:u3+§un;VneN*

Tinh gidi han cua day (u, ).
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Cau 22. Cho hinh vuéng canh bang a. Ngudi ta lay bon trung diém cac canh ctia hinh vudng trén dé
dugc hinh vudéng nho hon nam bén trong hinh vudng bén ngoai. Quy trinh lam nhu vay dién ra tdi vo
han. Tinh dién tich tat ca hinh vudng c6 trong bai toan.
Dang 3: Diy sb ¢6 giéi han vé han
I. Diy s6 c6 giéi han vé han (v6 cuc, v ciing)
Pinh nghia giéi han vo cuc cia diy sb
- Tanoi day s6 (u,) €6 giéi han 1a +oo khi n — +o0, néu u, c6 thé 16n hon mot s6 duong bat ki, ké tir
mot s6 hang nao do tré di.
Ki hiéu: limu, = +o0 hay u, — +o0 khi n — +0.
- Dy s6 (u,) €6 gi6i han 1 —oo khi 7 — +o0, néu lim(—u, ) =+o0.
Ki hiéu: limu, = —co hay u, — —co khi n — +o0.
Mot s6 giéi han dic biét va dinh 1i vé giéi han vé cue
Giédi han dac biét:
lim Vi =+ lim n* = +o(k € Z")

n—>+w n—+o0

lim ¢" = +o0o(g >1)
DPinbh li:

Néu lim|u, | =+ thi lim =0,
u

n

A . . N
Néu limu, =a; limv, = oo thi lim—*=0
%

n

4 . . 4. u
Néu limu, =a #0,limv, =0 thi im— =
v

n

{+oo (av,>0)

—0 (av, <0)

+00 (a>0)

Néu limu, =+, limv, = a thi lim(u,.v,) =
—00 (a<0)

Cau 23. Tim giéi han

a. lim(n3 +n? +n+1) b. 1im(—n2 +n\/;—l) c. lim(n—sin2n) d. lim -
n+cos n

Cau 24. Tim gidi han
a. lim(\3/1+2n—n3 —n) b. lim(nJr\/n2 —n+1)

Cau 25. Tim gidi han

oo +nt-n-=-2 C An =T —5n+8  onn+3ynt+2+n’
a. hm# b. lim c. lim
4n’ +6n° +9 n+12 n* +nfn —12
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Cau 26. Tim gidi han

n _ Antl
a. lim% b. im2" = +1 . lim(4" +2.3" =32 1)
+

n

a.u,=-n"-50n+11b. u, =7n’ —n’
c.u, =50 -3n+7 d.u,=~2n+n>-2

CAu 28. Tim gi¢i han cta diy s6 (u,) v6i u, =

Cau 27. Tim gidi han cta day sb (u ) voi

2n-3"

n+2"

Cau 29. Tim gidi han sau: lim

Céu 30. Tim gi6i han cta day s (u,) voi

2" 3" 111 13.3" —5n
AU, = O U, T

3m240m 4 3.2"+5.4
TRAC NGHIEM

Cau 31. Trong cac ménh dé dudi day, ménh dé nao sai?.
A.Néu limu, =+o0 va limv, =a >0 thi lim(u,v, )=+%».

v

n

B.Néu limu, =a#0 va limy, =+oo thi lim (“—J =0.

C.Néu limu, =a >0 va limv, =0 thi lim [”—j = +o0.
v

n
J4 . - OB \ . . «qe u,
D. Néu limu, =a<0 va limv, =0 va v, >0 v6imoi n thi lim| —* |=—co0.

Cau 32. Khang dinh nao sau day 1a dung?

A. Tanéi day s6 (u,) c6 gi¢i hanla sé a (hay u, dant6i a) khi n— +o0, néu lim (u, —a)=0.

n>4o0
B. Ta no6i day ) (un) c6 gidi han 1a Okhi » dan t6i vo cuc, néu |un| ¢6 thé 16n hon mot s6 duong tuy v,
ké tir mot sé hang nao dé tro di.

C. Ta néi day s6 (un) ¢6 gidi han +oo khi n — +o0 néu u, co thé nho hon mot s6 duong bét ki, ké tir
mot s6 hang nao do tré di.

D. Ta ndi day s6 (u,) c6 giéi han —o khi n— +o0 néu u, c6 thé 16n hon mét s6 duong bat ki, ké tir

mot sO hang nao do tro di.
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Céu 33. Cho céc dy s (u,), (v,) va limu, =a, limv, =+ thi lim 2= bang
v

n

A. 1. B. 0. C. —wo. D. +o0.
Cau 34. Trong cac khang dinh dudi day c6 bao nhiéu khang dinh ding?

(I) limn* =+ véi k nguyén duong.

(I) limg" =+ néu |q| <1.

(IIT) lim ¢" = +o0 néu ¢ >1

A. 0. B. 1. C. 3. D. 2.
Céu 35. Cho diy s6 (u,) thoa |un —2| < % v6imoi n e N*. Khi do

A. limu, khong ton tai. B. limu, =1. C. limu, =0. D. limu, =2.

Cau 36. Phat biéu nio sau day 1a sai?

A. limu, = (u, = c1a hiang s6). B. limg" =0 (|¢| >1).
1 o1
C. lim—=0. D. lim— =0 (k>1).
n n
" , . n-1
Ciu 37. Tinh L =lim—;
n+3
A. L=1. B. L=0. C. L=3. D. L=2.
Cau 38. lim bang
5n+3
1 1
A. 0. B. —. C. 4. D. —.
3 5
Ciu 39. lim bang
2n+7
1 1
A, —. B. +o0. C. —. D. O
7 2
2 _~.3
Cén 40. Tim 7 =1lim 22 2" *1,
3n” +2n" +1
AL B. -2 C.0. D. 1.
3 3
Cin 41. lim 2~ "2 bing
) n® +5n° &
-3
A. 2. B. 0. C.?. D. -3.
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Ciu 42. lim 2018

bang
n
A. —0. B. 0. C. 1. D. +o.
A , . 2n+1
Ciu 43. Tinh gi6i han L =lim———7?
2+n—n
A. L =—w. B. L=-2. C. L=1. D. L=0.

Cau 44. Diy s6 nio sau day co6 giéi han bang 0?

2 2 _ _ 2
unzn 22. B.unzn 2112. C.un:1—2n2_ D.unz1 2n2
Sn+3n Sn+3n Sn+3n Sn+3n
Céu 45. Tinh 7 = lim—2"_>
2n" +3n+1
A. [=-. B. I =0. C. [=+m. D. /=1.
Céu 46. Tim limu, biét 1, =——+ -+ .+
2°-1 3°-1 n"—1
A2 B.>. c.z D. 2.
4 5 3 3
A L . 1 1 1 1
Cau 47. Tinh giéi han lim| —+—+—+...+ .
1.2 23 34 n(n+1)
3
A. 0. B. 2. C. 1. D.E.

Gido vién: Nguyén Thanh Long
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