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p+1‘p2+1

Bai 1. Tim s nguyén té p dé 1a cac s6 chinh phuong.

Bai 2. Ching minh ring néu m va n 1 cac sd tu nhién thoa min 3m?’+m=4n’+n thi m-n va
4m+4n+1 du 1a cac s6 chinh phuong.
Bai 3. Cho A =3+32+..+3%. Chting minh A khong phai s6 chinh phuong.

Bai 4. Cho A =n®—n*+2n> +2n%. Ching minh A khong phai s§ chinh phuong véi moi sé tr nhién n
16n hon 1.

2:6-10---(4n—2)

12 mot sb chinh
(n+5)(n+6)---(2n)

Bai 5. Chung minh rang v6i mdi sb nguyén n>6 thi a, =1+

phuong.

Bai 6. Cho 2 s nguyén a, b thoa méan a?+b’+1= 2(ab+a+b). Chimg minh a va b 13 hai s chinh
phuong lién tiép.

Bai 7. Tim cac s6 nguyén duong n dé A = n* +n +n? 1a sé chinh phuong

Bai 8. Tim tat ca cac sb cac s ty nhién n théa min 2n+1,3n+1 1a cac s6 chinh phuong va 2n+9 14 s6
nguyén to.

Bai 9. Tim c4c s nguyén & p va q sao cho p> —q* —11a sé chinh phuong.

Bai 10. Tim cac s6 nguyén t6 p dé 2P +5-3P 1a s6 chinh phuong.

Bai 11. Cho s6 ty nhién n thoa min n(n+1)+6 khong chia hét cho 3 . Chimg minh rang 2n® +n+38
khong phai 14 s6 chinh phuong.

Bai 12. Tim s6 tw nhién n dé 12.n4+11" +2 14 s6 chinh phuwong

Bai 13. Ton tai hay khong s6 nguyén duong n dé 2n—1,5n—1,13n—1 dong thoi 1a s6 chinh phuong.

q+l

Bai 14. Tim 2 sb nguyén t6 p, q sao cho pd™ + qerl 1a s6 chinh phuong.

Bai 15. Ton tai khong céc s6 nguyén té p, g, r thdéa méin (p2 - 7) (q2 - 7)(r2 - 7) 1a mot s6 chinh phuong?

Bai 16. Ton tai hay khong cac sé nguyén a, b, ¢ sao cho ab’c+2,bc’a+2 va ca’b+2 1a cac sb chinh
phuong?
Bai 17. Cho x, y 1a nhitng s6 nguyén 16n hon 1 sao cho 4><2y2 —7x+ 7y 1a s6 chinh phuong. Chirng minh

ring X =y.
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Bai 18. Tim tit c4 cac cip s6 ty nhién (m,n) sao cho 2™3" —1 14 sé chinh phuong.

Bai 19. Tim cic s6 nguyén duong m va n dé A = 6™ +2" +21a s6 chinh phuong.

Bai 20. Tim cac s6 nguyén duong n dé n* +4n* —3n% —n+3 1a 56 chinh phuong.

Bai 21. Tim cac s6 nguyén duong n dé n* +n’ +11a sé chinh phuong.

Bai 22. Tim cac s6 nguyén n dé9n +16 va 16n +9 déu 1a cic s6 chinh phuong.

Bai 23. Tim cac cdp s6 nguyén duong m va n dé m? +5n,n” +5m 1a s chinh phuong.

Bai 24. Cho céc s6 nguyén duong x, y. Ching minh rang néu X2+ 2y 1a mot s6 chinh phuong thi x> + y
biéu dién duoc thanh tong cta hai s6 chinh phuong.

Bai 25. Tim cac s6 nguyén duong n dé A = 4n® +2n? =7n—-5 1a s6 chinh phuong.

p-1

1a s6 chinh phuong.

Bai 26. Tim cic s6 nguyén to p dé
p

Bai 27. Cho a, b, ¢ 1a cac s6 nguyén dwong d6i mot nguyén td cing nhau va thoa min

a’+b’+c? = (a —b)2 + (b—c)2 +(c—a)2. Chung minh rang a, b, ¢ va ab+bc+ca déu 1a cac sb chinh
phuong.

Bai 28. Cho a va b 1a cic sb nguyén sao cho ton tai hai s6 nguyén lién tiép ¢ va d théa man diéu kién
a—b=a’c—b’d. Chimg minh ring |a—b| 1a mot s chinh phuong.

Bai 29. Tim tit ca cac s6 nguyén m, n théa min m(m +1)(m+2) = n’

Bai 30. Cho m, n 13 cac sb nguyén duong sao cho m? +n%+m chia hét cho mn. Chtig minh rang m 1a
s6 chinh phuong.

Bai 31. Cho hai s6 nguyén duong x, y théa man x? —4y+1 chia hét cho (x—2y)(2y—1). Chimg minh
rang | x —2y| 1a sé chinh phuong.

2
. . +7n+ .
Bai 32. Tim céc s6 nguyén duong n dé w la s chinh phuong.

Bai 33. Cho ba s6 tyr nhién a, b, ¢ thda man a—b 13 s6 nguyén t6 va 3% = c¢(a+b)+ab. Ching minh rang
8c+1 1a s6 chinh phuong.
Bai 34. Cho s6 nguyén duong n théa min A =2+ 2+/ 28n° +1 lasd nguyén duong. Chirng minh rang A

1a s6 chinh phuong.

2
Bai 35. Cho x, y 14 cac s6 nguyén thoa mén dang thirc x% + y2 +(Xy+1j =2.
X+y

Chimg minh rang xy +1 1a mot s6 chinh phuong.

Gi4o vién: Thay Tran Tuan Viét
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+ Pinh li: Trong tam gidc, dwong phan gidc cia 1 géc chia canh doi dién thanh 2 doan thang ti 1é véi hai
canh ké 2 doan cfy.

+ Chu y:

* Pinh i cling dung khi AD la phan giac ngoai.

* Pinh 1i ¢ao: Néu D trén canh BC thoa man % = % thi AD la phan giac trong ctia tam gidc ABC.

Dinh 1i vin dung khi D nim ngoai doan thiang BC ( D thudc dudng thang BC) thi AD 1a phan giac ngoai
cua goc A.

Céau 1. Cho tam gidc ABC vudng tai A, biét AB = 9cm; BC = 15¢m. Puong phan giac cua goc C cit AB
tai D. Tinh AD; DB

Céu 2. Cho tam giac ABC vudng tai A, duong phan gidc BD. Biét AD =3cm, DC = 5cm. Tinh d6 dai
cac canh AB va BC.

1 AE_3
2" EB 4

Céau 3. Cho tam giac ABC c6 chu vi bang 18cm, phan giac trong BD,CE . Biét % = . Tinh

d6 dai cac canh cua tam giac ABC.

Cau 4. Cho tam giac ABC vé6i dudng trung tuyén AM va dudng phan gidc AD. Biét dién tich tam giac
ABC1a S, AB=m,AC=n(m<n). Tinh dién tich tam gisc ADM ?

Céu 5. Cho hinh binh hanh ABCD véi AB =12,5c¢m, BC = 7,25cm . Pudng phan giac goc B cit duong
chéo AC tai E, dudng phan giac goc D cat dudng chéo AC tai F. Tinh do dai duong chéo AC biét d6 dai
EF=3,45cm .

Cau 6. Cho tam giac ABC c6 AB =14cm, AC =35cm, phan giac AD =12cm.

a) V€ DE//AB (E thugc AC). Tinh d¢ dai cac canh va di¢n tich cua tam giac AED.

b) Tinh dién tich tam giac ABC.

Cau 7. Cho tam giac ABC co B va C la cac goc nhon, duong phan gidc AD. Biét AD = AB = J5 ,
BD =2. Tinh d¢ dai BC.

Cau 8. Cho tam giac ABC va ba duong phan giac AM,BN,CP cit nhau tai O. Ba canh AB, BC,CA
tilg voi4, 7, 5.

a) Tinh MC, biét BC =18cm .

b) Tinh AC, biét NC—NA =3cm.
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¢) Tinh ti s6 OP
oC

Cau 9. Cho tam giac ABC. Liy diém D thudc doan BC. Phén gi4c trong goc ADB cit AB tai E, phan giac
trong goc ADC cat AC tai F. Chimg minh ring AE.BD.CF = AF.BE.CD

Cau 10. Cho tam giac ABC. Goi I 1a trung diém cua canh BC. Pudng phan giac ciia goc AIB cit canh
AB & M. Puong phan giac cua goc AIC cit canh AC o N.

a) Chung minh rang MN//BC.

b) Tam gidc ABC phai thoa diéu kién gi & c6 MN = Al ?

¢) Tam giac ABC phai thoa diéu kién gi dé c6 MN L AI ?

Cau 11. Cho hinh binh hanh ABCD ¢ tia phan giac goc BAD cit BD tai M, tia phan giac goc ABC
cit AC tai N. Chimg minh MN//CD.

Cau 12. Cho tam gidc ABC c6 phéan giac AD. Biét BD = 2cm,CD = 4cm . Puong trung truc cia AD
cit BC tai K. V& phan giac ngoai AE cua tam gidc ABC .

a) Ching minh K 1a trung diém cta DE . b) Tinh d6 dai KD.

Cau 13. Cho tam gidc ABC cén tai A, A =135°. Trén canh BC léy cac diém M va N sao cho

AM L AC;AN L AB. Chimg minh ring BM? = BCMN .
Cau 14. Cho tam giac ABC c6 AB = 12cm, AC = 18cm, BC = 15cm. Goi I 14 giao diém cua cac dudng

phan giac, G 1a trong tdm cia tam giac ABC.

a) Chirng minh rang IG // BC. b) Tinh d¢ dai IG.
Cau 15. Cho hinh thang ABCD, hai duong chéo cit nhau tai O (BC// AD va BC < AD). Goi M, N la cac
diém trén hai canh AB, CD sao cho A—M = C—N . MN cit AC va BD thtr tu tai E va F.
AB CD
a) Qua M ké dudng thiang song song AC cat BC tai P. Ching minh rang: NP // BD.
b) Chiing minh rang: L 9
MN  BD

c¢) Chung minh: ME = NF.

Céu 16. Cho tam gidc ABC c6 trung tuyén AM. Phan giac trong goc AMB cit AB tai D, phin
gi4c trong goc AMC cit AC tai E. Biét rang MD = ME . Ching minh rang tam gidc ABC can.
Cau 17. Cho tam gidc ABC c6 AB > BC, cac phan giac trong AD, CF. Chimg minh rang AF >FD > DC.
Cau 18. Cho tam giac ABC ( AB < AC) ¢6 cac dudong phén giac BD, CE (D thudc AC, E thudc AB).

a) Puong thang qua D va song song voi BC cat AB ¢ K. Ching minh E nam giita B va K.

b) Chuing minh: CD > DE > BE.

Gizo vién: Thiy Bui Minh Min
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