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TAI LIEU TOAN LOP 12
MOT SO BAI TOAN LIEN QUAN GI(A PIEM - MAT - PUONG - CAU
Lién hé dang ki hoc: 0832.64.64.64

Hg va tén............. Ngay hoc:.......cueeuenee.

Cau 1. (MD 105 BGD&DT NAM 2017) Trong khong gian v6i hé toa do Oxyz, cho diém 1 (1; 2; 3) va
mit phing (P) :2x—2y—z—4=0.Mitcautam I tiép xtc voi (P) tai diém H . Tim toa d6 diém H

A. H(1;—1;0) B. H(—3;0;—2) C. H(—1;4;4) D. H(3;O;2)

Cau 2. Trong khéng gian Oxyz, biét mit cau (S ) c6 tam O va tiép xtc voéi miat phang
(P) cx—2y+2z+9=0 tai diém H(a;b;c) . Gia tri ciia tong a + b + ¢ bang

A. 2. B. —1. C. 1. D. -2.

Cau 3. (THPT CHUYEN LE HONG PHONG NAM DINH NAM 2018-2019 LAN 01) Trong khong
gian véi hé toa d§ Oxyz, cho mit phfmg (P) :x—=2y+2z-3=0 va mat ciu (S) tam 1(5; —3;5) , ban
kinh R=2/5.Tur mot diém A thudc miat phang (P) ké mot duong thang tiép xac véi mat cau (S )
tai B. Tinh O4 biét AB=4.

A. 04=H11. B. O4=5. C.04=3. D. 04=+6.

Cau 4. Trong khong gian Oxyz, cho mit cau x’+)°+z°=9 va diém M (x;y,z,) thudc

x=1+t¢

d:qyy=1+2¢t.Ba diém 4, B, C phan biét cung thudoc mat cau sao cho MA, MB, MC 1a tiép tuyén
z=2-3¢

clia mit cau. Biét raing mat phang (ABC) di qua D(l;1;2). Tong T = X+ e +z, bang

A. 30 B. 26 C. 20 D. 21

Cau 5. (CHUYEN KHTN LAN 2 NAM 2018-2019) Trong khong gian vi hé toa dd Oxyz cho hai diém
A(O; 0;3) ,B(—2; 0;1) va mit phing (a) :2x—y+2z+8=0.Hoi c6 bao nhiéu diém ¢ trén mit phing
(a) sao cho tam gidc 4BC déu?

A 2. \ B. 1. C. 0. D. V6 s0.
Cau6. (Ma dé¢ 104 BGD&DT NAM 2018) Trong khéng gian Oxyz, cho mit cau

(S):(x—Z)2 +(y—3)2 +(z+1)2 =16 vadiém A(-1;-1;-1). Xét cac diém M thudc (S)sao cho duong
thing AM tiép xuc voi (S ) M luén thugc mot mit phiang c¢b dinh c6 phuong trinh 1a
A. 6x+8y+11=0 B. 6x+8y—-11=0 C.3x+4y-2=0 D. 3x+4y+2=0

Thiy Tran Lé Cuong
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TAI LIEU TOAN LOP 12
SO PH(PC - CAC PHEP TOAN SO PHUC
Lién hé dang ki hoc: 0832.64.64.64

Ho va tén............ . Ngay hoec:.............
PHANI.LY THUYET TRONG TAM

1. Khai niém s6 phirc
% Dinh nghia.
o Mot sd phuc la mot biéu thire dang a+bi, trong d6 a va b 1a nhiing sb thuc va sb i thoa

min i* = —1. Ki hiéu sé phuc d6 12 z va viét
z=a-+bi
trong d6 i 1a don vi a0, a 14 phan thuc va b 1a phan do.
e Tép hop cac sb phtc duge ki hi¢u la C.
% Chuy.
e Sbéphic z=a+0i c6 phan ao bang 0 duoc coi la sé thuan thyc (sd thuc).
e S phic z=0+bi co phan thuc bang 0 dugc coi 1a sb thuan 4o (sb 40).
e S6 0=0+0i vira l1a sd thuc vira 1a sb ao.
2. Hai s6 phirc bang nhau
< Dinh nghia. Hai s6 phitc z=a+bi(a,b€R) va z'=a'+b'i(a',b'€ R) goi la bing nhau néu
a=a'b=>b".Khidotaviét z=72".
3. Bi¢u dién hinh hoc ciia s6 phire
% M&i s6 phitc z=a+bi(a,b€R) dugc biéu dién béi diém M co y

toa do (a;b) trén mat phang toa do (Oxy). Nguge lai, mdi diém Y R .-.:M
M (a;b) biéu dién mot s6 phie 1a z =a+bi .

< Mat phing toa d0 (Oxy) véi viéc bicu dién sb phie nhu thé goi la 0 a X
mit phang phrc.

e Gobc toadd O biéu dién s 0.
e Cac diém trén truc hoanh Ox biéu dién céac s6 thuc, do d6 truc Ox con dugce goi 1a truc thuc.
e Cac diém trén truc tung Oy bicu dién cac s6 a0, do d6 truc Oy con duoc goi 1a truc 4o.

4 . So phirc lién hgp va moédun ciia so phirc

a. SO phirc lién hop y
< Dinh nghia. S6 phtrc lién hop cta z = a+bi(a,b eR) 1a a—bi va dugc ki
*M(z
hieubdi z. Nhuvdy z=a+bi=a—bi. H 7
% Hai sb phttc lién hop khi va chi khi cac diém bidu dién ctia ching déi xtmg 9 :
v&i nhau qua truc thuc Ox . %
% Nhan xét. el %

o z4+z'=z+2z".

o zz'=zz'.

o Z+E:(a+bi)+(a—bi):2ae]R )
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b. Médun ciia s6 phirc
% Dinh nghia. M6édun cua ) phtc z=a+bi (a,b IS R) 1a sb thuc

y
khong &m, ki hiéu 1a |z| va duoc x4c dinh béi cong thirc sau:
[2|=a* +b’ e
Nhu vy, néu z = a+bi(a,beR) thi |z =zz =a® +5" . bf-—-==-2 .
- I
% Nhan xét. IzI i
e Néu z 1a sb thuc thi médun ciia z 14 gid tri tuyét d6i cua sb 0 = -
thue do.

e z=0 khi va chi khi |z|=0.
% Cac tinh chat cia moédun. Cho hai s phitc z=a+bi va z'=a'+b'i. Taco:

. z.Z:(a—i—bz').(a—bz’):a2 +5° :|z|2.

° |z.z'|:|z|.|z'|.
z|_ I
z' |z'

[ ] Zn = Z”

5. Phép cong, phép trir, phép nhén sé phirc
« Tong cua hai sé phitc z=a+bi,z'=a'+b'i(a,b,a',b'e R) la s phirc
z+z'=a+a'+(b+b)i
Phép cong hai s6 phirc c6 tit ca cac tinh chét ctia phép cong hai s6 thuyc.
% Hiéu cta hai sb phitc z=a +bi,z'= a'+b'i(a,b,a',b'eR) 1a s6 phuc
z—z'=a—-a'+(b-b')i
% Tich ctia hai s6 phitc z=a+bi va z'= a'+b'i(a,b,a',b'eR) la s6 phirc
zz'=aa'-bb'+(ab'+a'b)i
Phép nhén hai s6 phirc c6 tat ca cac tinh chét ctia phép nhan hai s6 thuyc.
6. Phép chia cho s6 phiic khéc 0
% Dinh nghia.

e So nghich d4o ctia s6 phirc z khac 01as6 z™' = —z

1

e Thuong Z cia phép chia s6 phirc z' cho s6 phirc z khac 0 14 tich ctia z' véi s6 phic nghich
z

1
, , T -1
dadocua z,thcla —=z'z

z
Nz L z' z'z
Nhu vay, néu z#0 thi —=—-.
2 |4
1 V_ |_ '
o , Z  ZZ ZZ . 42, z T SE U S Gl T
% Chiy. Do —=— =—= nén d¢ tinh thwong — ta chi vi¢c nhén ca tir sO va mau so védi z .
z |Z| zz z
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PHAN II. BAI TAP
Dang 1. Xéc dinh cac yéu td co ban cta sé phirc
Cau 1. (Mi 123 2017) Sé phtc nao duéi day 1a s6 thuan ao.

A z=+/3+i B.z=-2 C.z=-2+3i D. z=3i
Céu 2. (P& Minh Hoa 2017) Cho s6 phitc z =3—2i. Tim phan thyc va phan 4o ciia s6 phtic Z :
A. Phan thyc bang 3 va Phan 4o bang 2i B. Phan thuc bang 3 va Phan ao bang 2

C. Phan thyc bang—3 va Phan 4o bang —2i D. Phan thyc bang —3 va Phan 4o bang —2
Cau 3. (D& Minh Hoa 2020 Lén 1) Trén mit phing toa do, diém biéu dién s6 phirc z = (1+2i)” 1a diém
nao dudi day?

A. P(-3;4). B. 0(5;4). C. N(4;-3). D. M (4;5).
Ciu 4. Trong mit phang toa do Oxy , diém biéu dién cta hai s6 phtrc d6i nhau 13

A. hai diém d6i xing nhau qua gbc toa d6 O.

B. hai diém d6i xting nhau qua truc hoanh.

C. hai diém dbi ximg nhau qua truc tung.

D. hai diém ddi xing nhau qua dudng thang y=x.

Céu 8. (P& Tham Khio 2019) Piém nao trong hinh v& bén 1a diém biéu dién cua sb phic z = —1+2i?

Yy
P,---_i______l _______ i
;| N
-2 -1 |0 E
--------- H
M
A. P B. M C.0 .Y

Céu 9. Trong mit phing toa d6 Oxy, 3 diém A4, B,C lan luot 1a diém biéu dién cua ba sb phirc
z,=3-7i,z, =9-5iva z, =—5+9i . Khi d6, trong tim G la diém biéu dién cua sb phtic nao
sau day?

A z=1-9i. B. z=3+3i. C.z=—-1. D. z=2+2i.

Dang 2. Cac phép toan ciia s6 phirc

Cau 10. (Mi 104 - 2019) Cho hai sb phirc z, =2 —i va z, =1+i. Trén mat phang toa d6 Oxy, diém biéu

dién cua sb phtic 2z, +z, 6 toa do la

A. (0; 5). B. (5;—1). C. (—1; 5). D. (5; O).

Cau 11. (M3 101 - 2020 LAn 1) Cho hai s6 phtrc Z=1+2i ya W =3+7 Modun cua sb phirc Z-W bing
A. 52, B. v26. C. 26. D. 50.

, 2-3i)(4—i L
Cau 12. (Chuyén L& Quy Pén Quing Tri 2019) Cho s6 phirc z = % Tim toa do diém bidu
+ 21

dién cua s6 phiic z trén mit phang Oxy .
A. (1,4). B. (-1;4). C. (-1-4). D. (1;-4).
Cau 13. (Ma 104 2017) Goi S 1a tap hop tat ca cac gia tri thyc cua tham s6 m dé ton tai duy nhat sb

phuc z théaman z.z=1 va ‘Z—\/§+i‘ =m . Tim s6 phan tir cia S .
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A 2. B. 4. C. 1. D. 3.
Cau 14. (THPT Chu Vin An - Ha Ngi - 2018) S5 phic z=(1+i)+(1+i) +...+(1+i)"" c6 phan ao
bang

A. 2% 41, B. 12, C. 2% 1. D. —(2""+1).

Co6 Nguyén Phuong Thio
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