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Ho va tén............ Ngay hoc:...

Céu 5. Cho céc s6 thuc a,b, cthay doi luon thoa man: @ > 1,6 > 1,¢ > 1 va ab + bc + ca = 9. Tim gia tri
nho nhét va gia tri 16n nhat cia biéu thirc P = a” +b° + ¢°.
HD:
+ Tim gi4 tri nho nhat.
Ap dung bt dang thire Cauchy cho 2 s dwong ta co:
a’ +b*>2ab

b* +c* > 2bc :>2(a2 +b* +cz)22(ab+bc+ca)

¢t +a*>2ca

=P=a’+b*+c*>ab+bc+ca=9

a=b=c2>1

Sa=b=c=+3.
ab+bc+ca=9 é ¢ \/_

Dau ‘=" xdyra < {

+ Tim gié tri 16n nhat.
a>1 (a—l)(b—l)ZO ab—a-b+1=20
Viib21l=> (b—l)(c—1)20:> bc—b—-c+120
c>1 (c—l)(a—l)

\2

0 ca—c—a+120

:>ab+bc+ca—2(a+b+c)+320

ab+bc+ca+3_
2

=3<a+b+c< 6

:>(a+b+c)2 <36
:>a2+b2+c2+2(ab+bc+ca)ﬁ36
:>PS36—2(ab+bc+ca)=18

a=4,b=c=1
Dau ‘=" xayra < |b=4,c=a=1.
c=4,a=b=1

Vay GTNN cia P 1a 9, xdy rakhi va chi khi a=b=c=4/3.

a=4,b=c=1
GTLN cua P la 18, xayrakhivachikhi |b=4,c=a=1.
c=4,a=b=1
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Céau 3. Cho nira dudng tron (O) duong kinh AB. Goi C 1a diém ¢ dinh thudc doan thang OB (C khac O

va B). Dung dudng thang d vudng goc véi AB tai C, cat nira duong tron (O) tai diém M. Trén cung nho
MB lay diém N bt ky ( N khac M va B), tia AN cét dudng thing d tai F, tia BN cat cat duong thang d tai
E. Puong thang AE cit nira duong tron (O) tai diém D ( D khac A).

a) Chung minh: AD.AE = AC.AB.

b) Chitng minh: Ba diém B, F, D thiang hang va F 1a tim duong tron noi tiép tam giac CDN.

¢) Goi I 1 tim cta dudng tron ngoai tiép tam giac AEF. Chirng minh diém I ludén nam trén mot dudng
thang c¢b dinh khi diém N di chuyén trén cung nho MB.
HD: a, AADB ~AAEC (g.g)

= j—g = % = AD.AE = AC.AB

b, C6 AN L BN (Vi ANB =90" theo tinh chat

goc ndi tiép chin nira dudng tron (0))

C6 ADL BD (Vi ADB = 90" theo tinh chét
goc ndi tiép chin nira duong tron (0))

Vay F la truc tam AAEB suy ra BF L AE

ma BD L AE suy ra 3 diém B, F, D thing hang.
C,

AFAC ~ABEC (g )=~ = 4C
BC EC

= FC.EC = AC.BC (1)

FC CK
ACFK ~AcaE= L€ K pece-cack o)
CA EC

Tir (1) va (2) suy ra BC = CK suy ra K ¢6 dinh

Ma IA = IK suy ra I thudc trung truc cua A K 1a duong thing cb dinh.

Céch 2 : Goi giao diém ciia duong tron ngoai tiép tam giac AEF voi AB 1a K = tir gidc AEFK 1a tir giac ndi tiép
— AEC = FKB ( Cung bu véi AKF ). (6)

Lai ¢6 AEC = FBK ( Cing phu véi EAB) (7)

Tir (6) va (7) taco FKB = FBK = AFKB 13 tam gic can tai F. Ma FC vudng goc véi KB nén FC 1a duong
cao ddng thoi 1a trung truc cia BK nén C 1a trung diém cua KB tirc 1a BC = CK.

C6 B, C ¢b dinh nén BC ¢6 d6 dai khong d6i = CK c6 d6 dai khong ddi, K thudc duong kinh AB ¢b dinh nén K
1a diém c6 dinh

Ma IA = IK nén I thugc dudng trung truc ciia doan AK . Ma AK cb dinh nén trung truc ciia AK 1a dudng thing
khong d6i.

Viy : Diém I luén ndm trén mot dudng thing c¢b dinh khi diém N di chuyén trén cung nhé MB
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