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cosacosb :%[cos(a+b)+cos(a —b)]

sinasinb = —l[cos(a +b)—cos(a —b)]
Céng thirc bién i tich thanh téng 2

sinacosb =%[sin(a+b)+sin(a—b)]

u+v u-—-v
L coSU +CcosSV =2cos cos
Cong thirc bién doi tong thanh tich
. u+v . u-v
coSU—CcoSV =—2sIn sin
) ) . u+v u—v
sinu+sin v =2sin cos
2
u-—v

) ) u+v .
sinu—sinv=2cos sin

Dang 3: Tinh gia tri lwong giic (4p dung cong thirc tich thanh tong, tong thanh tich)

Cau 1. Tinh gia tri cua céc bicu thuc sau:

T /1 . T T
COS—.COS——SIn—.COS—
a) A= 127 "4

LW T T, T
SIn —.cOS—+Cos —.sin —
12 6 12 6

b) B= 8.5iN = .COS . COS - .c0S . oS .
32 32 16

Cau 2. Bién do6i thanh tong:
a) 4sin3x.sin 2x.cos X
. 13x X
b) 4sin—.cos X.cos—
2 2
Cau 3. Tinh gia tri cua céc bicu thuc sau:
. T . T T
sin—.cos— +sin —.cos —

A= 1510 " 107715

T . 2n . &
COS——.COS— —SIn——.sin —
15 15 5

b) B= $in - cos -~ c0s - cos — .
32 32 16 8
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Dang 4: Riit gon/Chirng minh biéu thirc lwong giac

Ciu 4. Cho goc batki o.. Chirng minh céac dang thirc sau:

a) (sin 200+ cos 20.)2 =1+sinda;

b) cos? 20 —sin* 2a. = cos 4a..

Ciu 5. Ching minh rang sin 5x —2sin x (cos 4x +cos 2x) =sinx.

Ciu 6. Cho goc batki o thoa man didu kién xac dinh. Ching minh cac dang thic sau:

a) tana +coto =

sin 2o

Cau 7. Tinh:

—4sin70°

o

sin10
b)cos14°+cos134°+cos106°

Ciu 8. Ching minh rang;

a)sin 20°+ 2sin 40° —sin 100° = sin 40°
sin(45°+a)—cos(45°+a) _
sin(45° +a)+ cos(45°+a)

21z0
3cot 125 1:—c0t15°
3—cot”15°

J3

d)sin200°sin310° + cos340°cos50°=7
Cau 9. Ching minh:

a) 4cosX.cos (g— xjcos(§+ Xj =cos3x
Ap dung tinh:

A = sin10°.sin 50°.sin 70°

B = cos10°.cos 50°.cos 70°

Dang S: Nhan dang tam giac

b) cos* o +sin® acos® o +sin’ a=1.

b) 4sin x.sin(%— xjsin (§+ xj =sin3x

Cau 10. Cho tam gidc ABC c6 B=75°C =45° va a=BC =12 cm.

a) Str dung cong thuc S= %ab sin C va dinh ly sin, hdy chirmg minh dién tich cua tam gidc ABC dugc

a’sinBsinC

cho bdi cong thirc S= -
2sin A

b) Str dung két qua & ciu a) va cong thirc bién ddi tich thanh tong, hay tinh dién tich S cua tam giac

ABC.
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Cau 11. Cho tam gidc ABC c6 B=75%C =45° va a=BC =12 cm.
a) St dung coéng thirc S= %ab sinC va dinh ly sin, hdy chirmg minh dién tich cua tam gidc ABC dugc

cho bdi cong thie S= 2R%sinA.sinB.sinC.
b) Str dung két qua & ciu a) va cong thirc bién ddi tich thanh tong, hay tinh dién tich S cua tam gidc
ABC.

Cau 12. Cho tam gidc ABC c6 B=105%A =30° va a=BC =6 cm.
a) St dung cong thuc S= %ab sin C va dinh ly sin, hdy chiing minh dién tich cua tam gidc ABC dugc

a?sinBsinC

cho bdi cong thirc S= -
2sin A

b) Str dung két qua & cau a va cong thirc bién ddi tich thanh tong, hdy tinh dién tich S cia tam giac
ABC.

Dang 6: Cac bai toan c6 yéu t thue té, lién mén

Cau 13. Trong Vit li, phuong trinh tong quat ctia mot vat dao dong diéu hoa cho bai cong thirc
x(t)=Acos(wt+¢), trong dé t 1a thoi diém (tinh bang gidy), x(t) 1a i do cla vat tai thoi diém t, A
la bién do dao dong (A > 0) va Qe [—TC; n] 1a pha ban dau cta dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh

. (1)= 2cos(§t+%j (cm).
xz(t)zzcosgt_gj (em).

Tim dao dong tong hop x(t)=x, (t)+x, (t) va st dung cong thirc bién déi tong thanh tich dé tim bién
d6 va pha ban dau cta dao dong tong hop nay.

Ciu 14. Trong Vat li, dién ap tic thoi hai dau doan mach xoay chidu duoc cho boi cong thirc
u="U;cos(ot+¢)(V), trong do t 1a thoi gian, w 1a tan sb goc, U, 1a dién ap cuc dai (Up>0) va
¢ 1a pha ban dau.

Xét doan mach MP gdm hai doan mach MN va NP ghép nbi tiép. Dién ap tic thoi trén cac doan mach
MN va NP lan luot 1a uygy =120c0s(100mt) (V); uyp =120sin(100mt) (V).

Biét bicu thic dién 4p hai ddu doan mach MP 1d uyp =uyg +Uyp, hdy st dung cong thic bién doi

tong thanh tich dé tim dién ap cyc dai, pha ban dau cua dién ap nay.
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Bai tip vé nha

Cau 15. Tinh gia tri ctia cac biéu thic sau:

. T T . T T
sm—.cos—+smg.cos—

HA=_ 1276 12
I T .. T . T
COS——.COS——SIm——_.s1n —
20775 72075

b) B= $in —- ¢S - cOS——cos = .
24 12 6

Ciu 16. Chirng minh dang thirc sau:

2tana(1+tan2b) 2cota(1+cot2b)
tan(a+b)+tan(a—b): 1-tan®a.tan’ b - cot?a.cot’b-1

Ciu 17. Trong Vat li, phuong trinh tong quat cia mot vat dao dong diéu hoa cho boi cong thirc
x(t)=Acos(mt+¢), trong d6 t 1a thoi diém ( tinh bang gidy), x(t) 1a li d6 cua vat tai thoi diém t,
A la bién do dao dong (A > 0) va Qe [—n;n] 1a pha ban dau cta dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh :

xl(t)zﬁcos(§t+§J (cm),

%, (1) =2 Cos(%t—gj (cm).

Tim dao dong tong hop x (t)=x; (t)+x, (t) va sir dung cong thirc bién déi tong thanh tich d¢ tim bién

d6 va pha ban dau cua dao dong tong hop nay.

Gidao vién: Thay Tran Tuan Viét
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Dang 3. Tim thiét dién ciia mit phiang véi hinh chép.
*» Thiét dién (hay mt cit) ctia hinh H khi ct boi mét phang (o) la phan chung cia H va (o).
< Phwong phap. Tim cac doan giao tuyén ndi tiép nhau cia mat cit v6i hinh chép cho dén khi
khép kin thanh mét da giac phing. Pa giic d6 chinh 1a thiét dién can tim. Mdi doan giao tuyén
1a canh cua thiét dién.
Bai 1. Cho hinh chép S.ABC. Liy diém M nim trén canh SA sao cho MA =2MS, Nla diém nim
trong tam gidc SAB, Ola trung diém BC . Tim thiét dién cua hinh chép khi cat béi mat phang (MNO)
Bai 2. Cho hinh chép S.ABC. Liy diém E nim trén canh SA, F nam trong tam giac SAB, K nim
trong tam gidc ABC. Tim thiét dién ctia hinh chép khi cat boi mit phang (EFK).
Bai 3. Cho hinh chép S.ABCD c6 déy la hinh thang véi day I6n AD. Goi M 1a mét diém trén canh
SB. Tim thiét dién cta hinh chép dugc cat béi mat phang (AMD).
Bai 4. Cho hinh chép S.ABCD . Goi M 1a diém nam trong tam giac S4B, N 1a diém ndm trong tam
gidc BCD, O la diém thudc canh CD . Tim thiét dién ctia hinh chép khi cat bi mat phang (MNO).
Bai 5. Cho hinh chop S.ABCD ¢6 ABCD la hinh thang day 16n AB. Lay diém M trén doan SA , lay
diém N trén doan SB va diém P trén doan SC sao cho MN cét AB tai E. NP cit BC tai F va MP
cit AC tai G. Goi O 1a giao diém cia AC va BD. Hiy chimg minh 3 diém E,F,G c6 thang hang
% Cau héi tric nghiém, diing sai, tra 10i ngin
Cau 1. Cho t&r dién SABC. Goi L, M, N 1an luot 14 cac diém trén cac canh SA, SB va AC sao cho
LM khéng song song v6i AB, LN khong song song véi SC. Mit phang (LMN) cét hinh chop theo

thiét dién 1 hinh gi

Céu 2. Cho tir dién déu ABCD c6 canh bang a. Goi G la trong tm tam gidc ABC. Mat phing (GCD)
cat tir dién theo mot thiét dién c6 dién tich la:
a’\3 a’\2 a’\2 a’\3

A. : B. . C. : D.
2 4 6 4
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Cau 3. Cho ttr dién déu ABCD c6 d6 dai cac canh béng 2a.Goi M, N lan luot 1a trung diém céc canh
AC, BC; P latrong tdm tam giac BCD.

Cac ménh dé sau dung hay sai?

Ménh dé Piing | Sai

a) | Thiét dién cua hinh chép khi cat boi mit phang (MNP) la tam giac DMN

b) | Tam gidc DMN la tam giac déu c6 canh bang a3

¢) | Tam giac DMN Ia tam giac cén tai M
d)

Dién tich thiét dién ciia mét phang (MNP) véi hinh chép bing

a?\11
=

Ciu 4. Cho t dién SABC. Goi M va N lan luot 13 hai diém trén hai canh AB va BC sao cho MN
khong song song voi AC. Khi do:
Cac ménh dé sau dung hay sai?

Ménh dé biing | Sai

a) | Puong thang MN cit duong thing AC

b) | Giao diém cua duong thang MN va mit phang (SAC) la giao diém cia MN
va AC.

¢) | Giao tuyén cta hai mit phang (SMN) va (SAC) la dudng thing di qua giao
diém cia MN va AC.

d) | Giao tuyén cuia hai mit phang (SAN)va (SCM) la dudng thing di qua giao
diém cua MN va AC.
Cau 5. Cho hinh chop S.ABCD c¢6 day 1a hinh binh hanh. Goi O 1a giao diém cua AC va BD;M,N

lan luot 1a trung diém cta SB,SD;P thudc doan SC va khong 14 trung diém ciia SC.Khi dé:
Céc ménh dé sau dung hay sai?

Ménh dé Pung | Sai

a) | Giao diém E cia duong thaing SO va mit phang (MNP) 1a giao diém cua
MN va SO.

b) | Giao diém Q duong thing SA va mat phang (MNP) 1a giao diém cua PE
va SO.
¢) |Goi LJ,K lan luot 1a giao diém cia QM va AB,QP va AC,QN va AD.

Vay I,J,K thang hang.

d) |Goi LJ,K lan luot 1a giao diém cia QM va AB,QP va AC,QN va AD.
Vay I,J,K khong thiang hang
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Céau 6. Cho tir dién ABCD va M 1a mot diém bén trong AABC, N 14 diém bén trong cia AACD . Goi

E=AMNBC; F=ANNCD va G=DNNAC.
a) Tim giao tuyén cia (AMN) va (BCD).

b) Tim giao tuyén cia (DMN) va (ABC).

Céu 7. Cho tir dién ABCD. Goi M, N lan luot 13 trung diém ctia AB va CD. Mt phang (o) qua MN
cit AD,BC lan luot tai P va Q. Biét MP cit NQ tai 1. Hoiba diém I, B,D c6 thang hang hay khong?

Cau 8. Cho tir dién ABCD. Goi E,F,G la cac diém lan luot thude cac canh AB,AC,BD sao cho EF
cit BC tai LEG cit AD tai H. Hoi ba duong thing CD,IG,HF c6 dong quy khong?

Gido vién: Co Nguyén Phuong Thio
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