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Ciu 1. Rut gon céc biéu thic sau:

a) A=cos (g + xj +cos(2m—x)+cos(3n +x)

b) B=2cox—3cos(nt—x)+ SSin(%—Xj-i- cos(%—x}
Céau 2. Rit gon céac biéu thirc sau:

a) C=2sin T ix +sin(St—x)+sin 3—Tt+x +cos| Z+x
2 2 2
. (3w 3n
b) D =cos(5t—x)—sin 7+x + tan 7—){ + cot(3m—Xx)
Cau 3. Rat gon: N = sin® (T+x) +cos6(x —-m)— 2sin4(x + 27t)—sin4 (x —377[)+cos2 (x —gj

tan (19; - x) cos(36m—x)sin(x —5m)
Cau 4. Rut gon: O =

sin (9275 - Xj cos(x —99m)

Cau 5. Rut gon: P =sin (x + 8577[] +c0s(207m+x) + sin? 33m+x)+ sin? (x —%j

Cau 6. Cho tam giac ABC c6 B= 75°;6 =45° vaa=BC=12 cm.

a) St dung cong thue S= %ab sin C va dinh ly sin, hdy chirng minh di¢n tich cua tam gidc ABC dugc

a’sinBsinC

cho bédi cong thirc S= -
2sin A

b) Str dung két qua & cau a) va cong thirc bién dbi tich thanh tong, hiy tinh dién tich S cua tam giac

ABC.
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Cau 7. Cho tam giac ABC co B= 750;6 =45° va a=BC=12 cm.
a) St dung coéng thirc S= %ab sinC va dinh ly sin, hdy chirmg minh dién tich cua tam gidc ABC dugc

cho bdi cong thie S= 2R%sinA.sinB.sinC.

b) Str dung két qua & ciu a) va cong thirc bién ddi tich thanh tong, hay tinh dién tich S cua tam gidc
ABC.

Ciu 8. Trong Vit li, phuong trinh tong quat cia mot vat dao dong didu hoa cho boi cong thirc
x(t)=Acos(mt+¢), trong dé t 1a thoi diém (tinh bang gidy), x(t) 1a i 9 cla vat tai thoi diém t, A
1a bién do dao dong (A >0) va ¢ €[-mn] la pha ban dau cia dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh :

% (1) = 2c0s(§t+%) (em),
Xz(t):2cos(§t—§J (cm).

Tim dao d6ng téng hop x (t)=x;(t)+x,(t) va sir dung cong thirc bién d6i téng thanh tich dé tim bién
d6 va pha ban dau cta dao dong tong hop nay.

Bai tip vé nha:

Céu 9. Chtng minh rang:

2150 _
a deot’157-1 1;5 1:—00‘515"
3—cot”15°

B

b)sin 200°sin 310° + cos340°c0550°=7
Cau 10. Cho tam gide ABC ¢6 B=105%A =30° va a=BC =6 cm.
a) Str dung cong thic S = lab sin C va dinh ly sin, hdy chirmg minh dién tich cua tam gidc ABC dugc

2 . .
- , a“sinBsinC
cho boi cong thtc S= —————
2sin A
b) Str dung két qua & cau a va cong thirc bién doi tich thanh tong, hiy tinh dién tich S cua tam giac

ABC.
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Ciu 11. Trong Vat li, dién ap tic thoi hai dau doan mach xoay chiéu duoc cho boi cong thirc

u="Ujcos(ot+¢)(V), trong do t 1a thoi gian, w 1a tAn sb goc, U, 1a dién ap cuc dai (Up>0) va
@ 1a pha ban dau.

Xét doan mach MP g@)m hai doan mach MN va NP ghép ndi tiép. Dién ap tirc thoi trén cac doan mach
MN va NP lan luot 1a uygy =120c0s(100mt) (V); uyp =120sin(100mt) (V).

Biét bicu thic dién 4p hai dau doan mach MP 1d uyp =uyg +Uyp, hdy st dung cong thic bién doi

tong thanh tich dé tim dién ap cyc dai, pha ban dau cua dién ap nay.

Gido vién: Thay Tran Tuan Viét
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TOAN CO' BAN NANG CAO LOP 11

HAI PUONG THANG SONG SONG
Lién hé dang ki hoc Toén tryc tuyén: 0932393956

PHAN I. KIEN THUC TRONG TAM
L. VI TRI TUONG DOI CUA HAI BPUONG THANG
% Cho hai dudng thing a va b trong khong gian.
e Néu a va b cung nam trong mot mit phang thi ta néi a va b dong phang. Khi d6, a va b
c6 thé cit nhau, song song véi nhau hodc tring nhau.
e Néu a va b khong cuing nam trong bat ki mit phang nao thi ta ndi a va b chéo nhau. Khi

do, ta cling ndi a chéo vdi b, hodc b chéo vdi a.

(/=T [

amb={M
acatbtai M a song song voi b atrung voéi b

=114 =~

+» Nhin xét
e Hai duong thang song song 1a hai duong thiang dong phang va khong c6 diém chung.
e (6 dung mdt mit phang chira hai dudng thing song song.
e Hai duong thing khong c6 diém chung thi c6 thé song song hoidc chéo nhau.
II. TINH CHAT CUA HAI PUONG THANG SONG SONG
% Tinh chit 1: Trong khong gian, qua mot diém nim ngoai mot dudng thiang c6 mot va chi mot
duong thing song song v6i dudng thing do.
< Tinh chat 2: Hai duong thing phan biét cing song song voi mot dudng thang thir ba thi song
song voi nhau.
% Tinh chit 3: Néu ba mat phang d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén

ay hodc dong quy hodc d6i mot song song.

‘\U p 7
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< Nhan xét. Néu hai mat phang lan luot di qua hai duong thang song song thi giao tuyén cua

chung (néu co6) song song véi hai dudng thang d6 (hodc tring véi mot trong hai duong thang
do).
PHAN II. BAI TAP
Dang 1. Chirmg minh dudng thing song song hoic dong quy
Phwong phap
e Ching minh hai dudng thing dong phing rdi chimg minh chung song song nhu trong hinh hoc
phang (str dung tinh chat duong trung binh, dinh Iy Thales dao,...).
e Chung minh hai dudong thang d6 cing song song voi mot dudng thang thir ba (Tinh chat bic
cau).
e Néu ba mp phan biét d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén 4y hodc
ddng qui hodc d6i mot song song véi nhau.
> H¢ qua: Néu hai mp phan biét 1dn lugt chira hai dt song song thi giao tuyén ciia chiing (néu co)

cling song song voi hai dt d6 hodc trung véi mot trong hai dt do.

Cau 1. Cho hinh chép S ABCD, ABCD Ia hinh binh hanh. Goi G 1a trong tdm tam giac ACD, E la
diém thudc SD sao cho SE = 2ED . Chirng minh rang GE //SB.
Céu 2. Cho hinh chop S.ABC. Goi G,,G, lan luot 1a trong tdm cua tam giac SAB va SAC. Ching
minh rang G,G, //BC.
Cau 3. Cho tir dién ABCD. Goi P,Q,R,S lan luot 1a trung diém cua cac canh AB,BC,CD,DA . CMR
néu bdn diém P,Q,R,S ddng phing thi:

1) PQ,SR,AC song song vé&i nhau.

2) PS,RQ,BD ddng qui.
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Dang 2. Tim giao tuyén, giao diém va thiét dién cua hinh chop

Phwong phap. Sir dung Hé qua ciia Pinh li vé giao tuyén ctia ba mit phang.

al/b
ac(P),bc(Q)=(P)n(Q)=A véi {g!j”b
Se(P)n(Q)

Céau 4. Cho hinh chép SABCD c¢6 ddy ABCD la hinh binh hanh tam O. Goi M,N lan luot 1a trung
diém AD va SB.

1) Tim giao tuyén cua hai mat phang (SAB) va (SCD)

2) Tim giao diém cta duong thang MN va mit phang (SAC)
Cau 5. Cho hinh chép S.ABCD c¢6 day ABCD 14 hinh thang véi AB//CD. Goi M, N, I lan lugt 1a
trung diém cua AD,BC,SA .

1) Tim giao tuyén cua hai mit phang (IMN) va(SAC); (IMN) va (SAB).

2) Tim giao diém cua SB va(IMN).

3) Tim thiét dién ctia mit phang (IDN) véi hinh chép S.ABCD.

Cau 6. Cho hinh chop SSABCD c6 ddy ABCD 1a hinh binh hanh. Goi G la trong tam cua tam giac
SAB, E la diém trén canh AC théa man AE = %AC , F 1a diém trén canh BD thoa mian BF = %BD

1) Chang minh réng EF//CD, EG//SD, FG//SC.
2) Tim thiét dién cta hinh chép S.ABCD khi cét boi mat phang (EFG).
< Mot s6 cau héi tric nghiém, ding sai, tra 101 ngin
Cau 1. Cho t dién ABCD. Goi 1,J 1an luot 1a trong tam cac tam giac ABC va ABD. Chon khéng
dinh dung trong cac khang dinh sau?
A. 1J song song véi CD. B. IJ song song voi AB.
C. IJ chéo CD. D. IJ cit AB.
Ciu 2. Cho hinh chop S.ABCD c6 ddy ABCD la hinh binh hanh. Goi LJ,E,F lan luot 1a trung diém
SA,SB,SC,SD. Trong cac dudng thang sau, duong thing nao khong song song voi 1J?
A. EF. B. DC. C. AD. D. AB.
Céu 3. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi d 14 giao tuyén cta hai mat
phing (SAD)va (SBC).Khing dinh nao sau day dung?
A. d qua S va song song voi BC. B. d qua S va song song vdi DC.
C. d qua S va song song véi AB. D. d qua S va song song v6i BD.
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Céau 4. Cho hinh chép SABCD cé ddy ABCD la hinh binh hanh. Goi I 1a trung diém SA. Thiét dién

ciia hinh chép S.ABCD cit bi mit phang (IBC) la:
A. Tam giac IBC.
B. Hinh thang IBCJ (J la trung diém SD).
C. Hinh thang IGBC (G la trung diém SB).
D. Tu giac IBCD.

Ciu 5. Cac ménh d¢ sau dung hay sai?

Ménh dé Pung | Sai

a) | Hai duong thang khong co diém chung thi ching song song véi nhau hoic

chéo nhau.

b) | Hai duong thang khong c6 diém chung thi chung chéo nhau.

¢) | Hai duong thang c6 diém chung thi ching cat nhau.

Cau 6. Cho tir dién ABCD c¢6 1,J theo thu tu 1a trung diém cua cac canh BC, BD. Goi (P) 1a mat
phang qua I,J va cit cac canh AC,AD lan luot tai hai diém M, N. Khi do:

Céac ménh dé sau dung hay sai?

Ménh dé Pung | Sai

Ml y=Llep
2

b) | MN cit DC
¢) | [INM la mét hinh thang
d) | D& IJNM 12 hinh binh hanh thi M 1a trung diém ctia doan AC

Céu 7. Cho hinh chép S ABCD c6 day ABCD 14 hinh binh hanh. Goi LJ,E,F lan luot 1a trung diém
SA,SB,SC,SD . Xéc dinh vi tri tuong dbi cua hai duong thfmg 1J,EF.

Pap an:

Cau 8. Cho tir dién ABCD. Trén AB,AC lan lugt ldy M, N sao cho % = 1:—12 Tim giao tuyén cua

hai mit phang (DBC) va (DMN).
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Cau 9. Cho tir dién ABCD. I va J theo thir tir 1a trung diém ctia AD va AC,G la trong tAm tam gidc

BCD. Thiét dién ctia mit phang (GIJ) v&i hinh chép ABCD 14 hinh gi?

Gido vién: C6 Nguyén Phuong Thio
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